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Caul.
1. Viét phuong trinh dudng thing vuong géc vdi dudng thing (A):3x—-5y -4 =0 va ti€p xic vdi dd
thi hAm s6: y=x>-3x*+2

2. Tim GTLN va GTNN cla ham s6: y = x++v12—3x>

Caull.

2sin? X +3+/2sin x —sin 2x +1

2sin Xxcosx +1 -

2. Gii phuong trinh: V3o X+/x—1-4Jax—x* -3 =-2

3. Gidi bat phuong trinh: V=Xx*+6x-5+2x-8>0

Cau III.

1. Cho tam gidc ABC c6 A(-1;3) ;dudng cao BH c6 phudng trinh : x - y = 0; dudng phan gidc trong CK
c¢6 phuong trinh : x+3y+2=0. Lap phudng trinh cdc canh ctia tam gidc ABC.

2. Viét phuong trinh clia dudng thing qua diém M(0;1;1) vudng géc v6i dudng thing
(dl):x—lzﬂzz Xx+y—-z+2=0

Z va cdt dudng thing (d,):
3 1 1 g g(z){

3. Cho ling tru ditng ABC.ABC ¢6 diy ABC la tam gidc cin v6i AB = AC = a va géc BAC = 120°,
canh bén BB'= a. Goi I 12 trung diém ctia CC. Tinh cosin cia géc giita hai mit phing (ABC) va

1. Gidi phuong trinh: -1

x+1=0

(ABY).
Cauv.
7
1. Tinh tich phan : = X gy
v 1+C0os™ X

3/y2

21
C o ) S N
2. Tim hé so cua s0 hang chita x® trong khai tri€n ( x° + J
X

Cau V.

3 2

o e e AX+T —=45-X
1.Tim gidi han cua ham so: IIrT 1
X! X_

2.Tim m dé cos® 2x —8sin xcosx—4m+3>0 v6i moi X € {O;E}
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Két qua dé 1

Caul Caull Caulll Caulv CauV
1 ——§x+§' ——§x+ﬂ 1 x—5—7[+k2 1 (AC): x4y-20 1= 11
Y= 3 27’y_ 3 27 N 4 d (BC): x-7y-18=0 ) _4 12
(AB): 3x-y+6=0
2. Maxy =4;miny = -2 2.X=2 2.§:y—1:z—1 2. 1330 2.m£—£
1 -1 -2 4
3. 3<x<5
3. COS(p=1£OO
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PE SO 2
Caul.
1. Xacdinhm dé haim s6 y = x* —2mx® + 2m+m* c6 cuc dai, cuc tiu 1ap thanh mot tam gidc déu
sinx+1
sin? x+sinx+1

2. Tim GTLN va GTNN cla hAim s§ : y =

Caull.
1. Giai phuong trinh: - ! = 24/2sinx + ﬂ
COS X(Sin X — Ccos X) sin X — CoS X
2. Giai phuong trinh: 2log,(x—2) +log,(x—4)* =0
[ 2
3. Giai bat phuong trinh: A X+A+2 <2

X
Cau II1.
1. Trong mp(Oxy) cho parabol (P) : y* = 2x va hai di€m A(2;-2) ; B(8;4). Goi M la di€m thudc cung
nhd AB clia (P) . X4c dinh M sao cho tam gidc AMB c6 dién tich 16n nhat.
2. Cho hai dudng thang (d;) va (d,) c6 phuong trinh Ia:

X—-8z+23=0 . x—-2z-3=0
(d)): va (d,):
y—4z+10=0 y+2z+2=0

Tinh khoang céach gitra (d;) va (d,) .
3. Cho hinh ch6p S.ABCD c¢6 ddy ABC la tam gidc déu canh a va canh bén SA vuong géc v6i mit

phang ddy (ABC) . Tinh khodang cach tir di€m A t6i mat phang (SBC) theo a, biét rang SA=%
CaulV.

1
1. Tinh tich phan : I = [{@-x*)*dx
0

1
1&\3/)(%

n
2. Biét tdng hé s6 clia ba s§ hang dau tién trong khai trién (X% + J biang 79. Tim s6 hang
khong chia x.
CauV.
1. Cho tap hop A= {1;2;3,4;56;7;8,9}. Tir tip A c6 thé 1ap dugc bao nhiéu s8 c6 sdu chir s& khic nhau
sao cho cdc s& nay chia h&t cho 5 va c6 diing 3 chif s6 18?
2. Tim m d€ phuong trinh sau c6 nghiém:

4 4

. 1.2
sin™ X +Cos x—cm2x+zan

2X+m=0



K&t qua dé 2

Caul Caull Cau III Cau IV CiuV
3 .
1. m=3/3 L7 o 1. M(1/2;1) 37 1. 2880
12 16
x:—5—ﬂ+k27z
12
2. M=1; m=0 2. x=3++/2:x=3 2.32 2.792 2. -2<m<0
32 x<d 1<x<o 3 a2
7 3 9




PE SO 3
Caul.
X2 +mx—2
I. Chohamso y = —1 . Xac dinh m dé ham s6 c6 cuc dai, cuc ti€u v6i hoanh d6 thda man
mx —
X, + X, =4XX,

2. Tim GTLN va GTNN cda ham so:

y=2(1+sin2xcos4x) —%(cos 4x—cos8x)

Cau Il
1. Giai phuong trinh: sinx(L+tg°x) +tg°x =1
2 3
. Ll B e
2. Giai hé phuong trinh : y y
(xy)* +xy=6
3. Gidi bat phuong trinh: VX +3 —v/x—-1>+/2x-1
Cau III.

1. Viét phuong trinh cdc canh AABC biét toa dd clia chan ba dudng cao ké tit cdc dinh A,B,C 1a
A(-1;-2); B(2:2); C(-1:2)
. . 8x—-11y+8z-30=0
2. Lap phuong trinh mét phang chita dudng thang (d): {X y_27-0 va ¢6 khoang cach
d&n diém A(-1,3,-2) biing /29
3. Cho hinh chép S.ABCD c6é ddy ABCD la hinh vudng canh a , SA vudng géc vdi mit phing (ABCD)
va SA= a.Goi E 12 trung diém clia canh CD. Tinh theo a khodng cdch tir di€m S d&n dudng thing BE.
CaulVv.
1. Tinh dién tich hinh phing gidi han bdi cdc dudng y = x> —2x+2,y = X* +4x+5,y=1

n

2. Cho khai trién | VX~ + . Bi€t tong hé so6 cua ba s6 hang dau ti€n trong khai tri€n trén
biing 631. Tim hé s6 clia s6 hang c6 chia x°.

CauV.

1. Cho tap hop A={011;2;3;4;5,6;7;8;9}. Tir tip A c6 thé 1ap dugc bao nhiéu s6 c6 sdu chit s6 khic nhau

sao cho ludn cé mit hai chir s6 0 va 3?

2. Pinh m dé phuong trinh : sin x+cosx+1+1(tgx+cot gx+_i+i) =m
2 sinx CcosSX

c6 nghiém X e (0;%)



Két qua dé 3

Caul Caull Cau III Cau IV CauV

L mol Lx= 7 1 ko 1. x+3y+7=0 L9 1. 42.000
2 6 x-y+3=0 4
X = % +k2x 2x+y-6=0
2. M=5; m=1 2. (2;1), (-2;-1) 2.3x-4y+22-10=0 | 2.673.596 | 2.m>2(2 +1)
2x-3y+4z-10=0
3.1<x< ; 35
2 " 5




PE SO 4
Caul.
1. Chohamsd y=—-x*+2mx* —2m+1 . Xdc dinh m sao cho db thi ham s& cit truc hoanh tai bon

.« R 2 ~ N A 1A N A ~ A
di€ém c6 cac hoanh dd 1ap thanh mdt cap s cong.

2. Viét phuong trinh dudng thing qua A(-6;5) va ti€p xtic v6i dd thi cia ham s6 y = XL;
X J—

Cau Il
1. Gidi phuong trinh: 4sin® x.cos3x + 4cos® x.sin 3x + 3v/3 cos4x = 3
2. Gidi bt phuong trinh:log (4% ~2%+2 4 2) > log 2%3
= +
3
3. Gidi phuong trinh: (V1-Xx ++/1+x-2).log,(x* —=x) =0
Cau IIL.

1. Cho dudng tron (C):x* +y*> —2x+6Yy+5=0. Viét phuong trinh ti€p tuy&n cia (C) song song vdi
duong thing (d):2x+y-1=0. Tim toa dd cic ti€p diém.
2. Lap phuong trinh clia dudng thing (A) di qua di€m A(3,2,1) song song v6i mit phing
(P): x+y+2-2 = 0 va vudng géc v6i dudng thing (d): {X ty-1=0
4y+z+1=0
3. Hinh ch6ép S.ABCD c6 ddy ABCD la hinh vuong canh a , tim O , SA vudng géc vdi mit phing
(ABCD) va SA =a . Goi I 1a trung di€m ctia SC va M 1a trung di€m cta AB . Tinh khodng c4ch tir
diém I d&€n dudng thing CM.
CaulV.
1. Tinh dién tich hinh phing gidi han bdi cdc dudng y =|x* 1| vay =|x|+5
2. Tim céc s6 nguyén duong m, n thda man:
cmil:cm :cMl=s:5:3
CauV.
1. Tim GTLN va GTNN ciia him sd:
y=x"-3x*-2x*+9x véi x e[-2;2]
2. Tim m d€ phuong trinh sau c6 4 nghiém phan biét:
log,(x* —4x+3)*—2log,m=0



K&t qua dé 4

Caul Cau Il Cau III Cau IV CauV
. m=5m="> Lo F kT L 2xy+6=0; (-1-4) || T3 | LM=14;
9 4 2 2x+y-4=0 ; (3;-2) 3 m= -7
T  krx
X="—+—
8 2
) y=—x—1;y=—1x+z 2. -2<x<0 p X=3_y-2_z-1 12.m=3 |2.0<m<1
2 5 -3 -2 n=6
3x=1Y5 3, V30
2 10




Caul.

Cho ham s6 : y = 3x - x> ¢6 dd thi 1a (C)

1) Kh3o sat va vé dd thi (C) cia ham s6 .

2) Tim trén dudng thing y = 2 cdc di€m ké dudc 3 ti€p tuyén dén dd thi (C) .

Caull.
1. Gidi phuong trinh: ~ 2sin’ x(4sin* x —1) = cos 2x(7 cos® 2x + 3c0s 2x — 4)
Lo
; =log, (2x+1)

2. Gidi bt phuong trinh: g3 2 <\2x2 +7x
x—y=(lo —log, x)(2+ x

3. Gidi hé phuong trinh: \ Y 3( 9.y ~log, x)( y)
X*+y’ =16

Cau III.
1. Cho tam gidc ABC c6 hai canh AB, AC lan lugt c6 phuong trinh 13 X+y—2=0 va 2x+6y+3=0,
canh BC c6 trung di€m M(-1;1). Vi€t phuong trinh dudng tron ngoai ti€p tam gidc ABC
2. Trong Kg(Oxyz) cho dudng thing :
@): 2= giém aG2:1)
3 4 1
Tinh khodng cach tir diém A d&€n dudng thing (d)
3. Tt dién SABC c6 ABC la tam gidac vuéng can dinh B va AC =2a, canh SA vu6ng géc v6i mit
phing (ABC) va SA = a. Goi O Ia trung diém clia AC . Tinh khodng c4ch tir O d&€n (SBC)
CaulV.

¥ dx
1. Tinh tich phén: | = | ——2
Jz. xVx? -1
7
2. Gidi bat phuong trinh: c: -C2, —%AXZ_Z <0

CauV.

1. Tim GTLN va GTNN ctia ham s8: Y = (X + 2)v4 — x?

2. Cho bat phuong trinh: 4" -m2*-m+3<0 (1)
Tim m d€ bat phuong trinh (1) c6 nghiém.



K&t qua dé 5

Caul Caull Cau III Cau IV CauV
1. Ty giai 1x== krz l.(X+1)2+ 1 = 1.M =3/3;m=0
4 2 4 12
V2 9 4
X=+"+kr +=)=—
Y+ =3
X=t—+krz
2.X, <=2 » o< 5 V347 2.x=5,6,7,8,9, |2. m>2
2 " 26 10,11
Xg > =
Xo =1
3. x=y=2 3 a\/g

6




bE SO 6
Caul.
Chohamsd y=x*-5x*+4 (1) c6 db thila (C)
1. Khdo satham s (1)
2. Tim m sao cho (C) chin trén dudng thing y = m ba doan thing c6 d6 dai bing nhau.
Caull.

1. Gidi phuong trinh: dn22x——c0528x:n%coslox
2. Gii bat phuong trinh: V37 —4.3" +1 . (logix-1)>0
3. Giai phuong trinh: log; X+ (x—1)log, X = 6 — 2X
Cau IIL.

x2 y2
1. Cho Hypebol (H): —z—b—z =1.

a

CMR tich céc khodng cach tir mot di€m My ba't ky trén (H) dén hai tiém cin 12 mot s6 khong d6i

2x+y+z+1=0

2. Trong Kg(Oxyz) cho dudng thing A: { va mit phiang (P): 4x-2y+z-1=0

xX+y+z+2=0
Vi€t phuong trinh hinh chi€u vudng géc clia dudng thing A trén mit phing (P).

3. T¢ dién SABC c6 tam gidc ABC vudng tai B, AB =2a, BC = ax/g , SA 1L (ABC),SA =2a.GoiM la
trung di€m cla AB. Tinh khodng cdch tir A d&€n (SMC)

CaulV.
2
1. Tinh tich phan: I = j In(le) dx
X
1
. 2A) +5C) =90
2. Giai hé phuong trinh:
5A) -2C) =80
Cau V.

1. Tim GTLN va GTNN ctlia ham s0:
y=0B-x)Vx*+1 véi xe[0;2]
2. Cho phuong trinh : 4(|0g2 \/;)2 —log, x+m=0 (1)

2

Tim m d€ phuong trinh (1) ¢6 nghiém thudc khodng (0;1).



K&t qua dé 6

Caul Caull Cau III Cau IV CauV
1.Ty gidi |y T kT 1. Ty ¢/m lm&@ .M =3m=4+5
20 10 '
2. 2_O<XS%VX23 2.{4x—2y+z—1:0 2. x=5 va y=2 2_mS%

X+4y+4z+11=0

3.




Caul.
s X—2 C AR s s
Cho ham s0 y:—1 (1) c6 do thila (C)
X_

1. Kh3o satham s (1)
2. Tim tit cd cdc di€ém trén (C) cdch déu hai di€m A(0;0) va B(2;2)

Caull.
1. Giai phuong trinh: (2sin x +1)(2sin 2x —1) = 3—4cos” x
Y ) , X+y=a+l1

2. Gia su x, y la nghiém cua hé phuong trinh: , )

X“+y°=2a"-2
Tim a d€ biéu thic P = xy dat gid tri 16n nha't
3. Giai bat phuong trinh: \/logg x+log, x* =3 >+/5(log, X —3)
2
Cau IIlL.

1. Viét phuong trinh duding tron (C) qua A(2;3) va ti€p xic v6i hai dudng thing (A,) :3x—4y+1=0
va (A,):4x+3y—-7=0
2. Vi€t phuong trinh dudng thing di qua di€ém M(2;-1;0), vudng géc va cit dudng thing (d) c6 phuong
5X+y+z+2=0
trinh:
{x -y+2z+1=0
3. Hinh chép S.ABCD c6 day ABCD Ia hinh vudng canh a, SA L (ABCD) va SA = a. Tinh khodng
cach giita hai dudng thing SB va CD
CaulV.

Ux® —8.x%dx

2. Gidi phuong trinh : PA’>+72=6(A?+2P)

1. Tinh tich phén: I =

O ey N

CauV.
x?+3

1. Tim GTLN va GTNN clia ham s6: y=———
X+ X+2

4

cos? x

2. Cho ham s6: 2(

2
+c0s” X) + m(———cosx) =1
COS X

Tim m d€ phuong trinh c6 nghiém thudc (0;%).



K&t qua dé 7

Caul Caull Cau III Caulv Cau Vv
1. Ty giai 1. 1.M=2; m=6/7
2.(2;0); (052) 2. x=3;x=4 2.




PE SO 8

Caul.
e _u(x) . ) e . ~u(x)
1. Gid stham s6 f(x) = —— dat cuc tri tai xo. Chitng minh rang n€u v (X,) # 0 thi f(X,) =—
V() V(%)
s . x> +3x+5
Tim gid tri cuc tri cia hAm s6: y = ————
X+2
2
2. Chohams8 y =2 1% 1m 8 Xéc dinh m d& diém cuc dai va diém cuc tiéu cta dd thi him 6 &
X —
vé hai phia dudng thing (d):9x-7y-1=0

Cau Il
1. Gidi phuong trinh : 1+sin® 2x + cos® 2x = Esin 4x
log, (X +1)* —log, (x +1)°
5 >0
X°—-3x—-4
2x?

(3—/9+ 2x)?

2. Gidi bat phuong trinh:

3. Giai bat phuong trinh: <x+21

Cau Ill.

2 2

1. Cho Elip (E) :% +y? =1 . Viét phuong trinh ti€p tuyén clia (E), bi€t ring ti€p tuyén d6 di qua di€m

A(1;-3).
2. Cho dudng tron (C) c6 phuong trinh:
(C):{xz +y2 +22 —-2x-2y—-22-22=0
3X—-2y+62+14=0
Tim toa do tdm va tinh ban kinh dudng tron (C)
3. Hinh ch6p S.ABCD c6 ddy ABCD la hinh vudéng canh a va SA =SB =SC =SD = a~/2 . Tinh khoang
cach giita hai dudng thing AD va SB

CaulV.
7 s
1. Tinh tich phan: =[n2
v 1+C0s” X
2. Gidi phuong trinh: C; +6C? +6C> = 9x* —14x

Cau V.
1. Thé tich cia mot ling tru ti¥ gidc déu biing V. Canh ddy clia ling tru d6 phai bing bao nhiéu d€ dién
tich toan phin cla ling tru d6 nhd nhat.
2. Tim t4t cd cdc gid tri clia m sao cho ta c6:
sin® x +cos® x +sin x.cosx > m,vx € R



K&t qua dé 8

Caul

Cau Il Cau III Cau IV CauV
1. -1+243 1. x=3V
2. 2 m<-t




PE SO 9
Caul.

2 —
X+—X22 qua dudng thing y=2

1. Viét phuong trinh dudng cong (C) d6i xitng vdi dd thi (C):y =

2. Tim GTLN va GTNN clia ham sd : f(X) = cos® 2x + 2(sin X + cos X)* — 3sin 2x
Cau Il

. 4 4
sin " X + COS 1
|. Gidi phuong trinh : b X X cotg2x——
5sin2x 2 8sin2x
2. Gidi phuong trinh:  ~2x+3 +Vx+1=3x+2v2x> +5x +3 16
. Ax2_ X—{X—
3. Gidi bat phuong trinh: gVxe=2x 5 Ly x4

3
Cau III.
1. Cho Hypebol (H): x* —4y* = 4 Vi€t phuong trinh ti€p tuy&n véi (H) bi€t né vudng géc véi dudng
thing: A:x—y-2=0
e 2 X-2 y-3 z+4. X+1 y-4 z-4
2. Cho hai dudng thang (d,): > -3 - & ;(d,): T - 7 - 1
Lap phuong trinh dudng vudng géc chung cia (d) va (dy)
3. Tt dién ABCD c6 ABC Ia tam gidc déu canh a , AD vudng géc v6i BC , AD = a va khodng céch tir
D d&n BC 1a a . Tinh khodng céch giita hai dudng thing AD va BC

CaulVv.

i 2
I Tinh tich phan: J=[——8X

o (I+tg™x)".cos™ x

N C? C3 Ck c'

2. Chitng minh ring : C’ +2.C—1+3.C’; +m+k'C"n’1 +m+n'C”n’l = n(n2+1)
Cau V.
1. Tim GTLN va GTNN cfia ham s3:  y=sin2x—x trén {—%ﬂ

2. Tim m d€& bat phuong trinh /(4 +x)(6—x) <x* —2x+m nghiém ding vdi moi x €[—4;6]



K&t qua dé 9

Caul Caull Cau III CaulV Cau VvV
: X’ +3x—6 7 1. r r
y=2"""""" | l.x=x—+knx I.M==m=-=
LGy X—2 6 2 2
2. 2. 2. 2.
3.x>2 3.




PE SO 10
Caul.
mx’+2m-Dx+m+2

~ 2 [N A LN 2 N N
1. Tim tham s6 m d€ cho tiém cidn xi€n cua ham sd : y =

x—1
ti€p xic vdi parabol y = x* -9.
2. Chitng minh cdc bat ding thifc sau : % <(@-sinx)* +sin*x<17 VxeR
Caull.
1. Gidi phuong trinh: — >+ 2tg2X + 5tgx +Scotgx+4=0
sin” x
2. Gidi phuong trinh:  log(x+1)* +2 = log ;5 V4 —x +logg(4+x)’
. 1 1
3. Gidi bat phuong trinh: >
log, v2x* —3x+1 log,(x+1)
3 3

Cau III.
1. Cho tam gidc ABC c6 C(4;-1) ;dudng cao AH c6 phuong trinh :2x -3y+12 = 0; dudng trung tuyén AM
c6 phuong trinh : 2x+3y = 0. Lap phuong trinh cdc canh clia tam gidac ABC.

. - x—=2y+z-4=0 .
2. Cho hai dudng thang : d, :X—1 = y+l =z ;d, Y va mdt phang
2 -1 1 2x-y+2z+1=0
(P): x +y +z- 1 =0 Lap phuong trinh dudng thing A sao cho A L (P) va Acit cd hai dudng thing d,

va dz
3. Hinh chép S.ABCD c6 ddy ABCD 1a hinh thoi tim O, canh a, géc A bing 60° va ¢ dudng cao
SO=a. Tinh khodng cich giita hai dudng thing AD va SB

CaulV.

T

2 X+cosx
I Tinh tich phan: K= [ ————dx

o 4—sin” x

2
2. Chiing minh riing: CX +3C " +3C?+C!® =Cf, v6i 3<k <n
CauV.

1.Tim GTLN va GTNN ctia ham s0 :
y =x"e* trén [-3;2]

2. Cho phuong trinh : ———+3tg*x+m(tgx + cot gx) —-1=10
sin’ x

Tim tit cd cdc gia tri cda m dé phuong trinh c6 nghiém.



K&t qua dé 10

Caul Céau Il Céu III Cau IV Cau 'V
Lx=-"kr 1. (BC):3x+2y-10=0 1 EInB 1.
(AC):3x+7y-5=0 2

(AB):9x+11y+5=0

2.

2m<-4vm=>4

3.(0;%) v (L g) U (5;400)




pL SO 11

Caul.
2
1. Cho ho dudng cong (C,):y = X+ 4m);+ om . Tim m d& trén (Cy,) c6 hai diém phan biét d5i xing
X J—
nhau qua O(0;0).

2. Tim GTLN va GTNN ctia hAm s§ : y =5cosx—cos5x trén [—%;%]

Caull.

1. Gidi phuong trinh: 1+ sin® 2x + cos® 2x = %sin 4x

2. Gidi bat phuong trinh : log; (4% +4) > log, (2**™1 =3.2%)
2 2
3x° +5xy —4y? =38
3. Giai hé phuong trinh:
5x* —9xy —3y* =15

Cau III.

2 .2
M

1. Lap phuong trinh céc ti€p tuyé&n chung cta Elip :%4_? =1 va Parabol: y> =12x.

2. Lap phuong trinh dudng thing di qua diém A(-1;2;-3), vudng géc véi véc td a= (6;—2;-3) va cit

x-1 y+1 z-3
3 2 -5

3. Cho hinh chép S.ABC c¢6 ddy ABC la tam gidc vudng tai B, AB = a, BC = b, canh SA vudng géc véi
ddy va SA =2a. Goi M Ia trung di€ém ctia SC. Chting minh riing tam gidc AMB cin tai M va tinh dién
tich tam gidc AMB theo a.

dudng thing (d):

CaulV.
T
 xsinx
1. Tinh tich phan: J = j ——dx
() COS” X
2. Chitng minh riing : 2"C? +2".7'.C: +2"27%C? +..+7"C" =9"
Cau V.

1. Cho tdap hgp A= {1;2;3;4;5;6;7;8;9}. T tap A c6 thé 1ap dugc bao nhiéu s6 c6 sdu chif s6 khac nhau
sao cho chif s6 thit ba chia hé&t cho 3 va chif s& cudi chin?
2. X4c dinh m d€ phuong trinh :

2(s.in4 X +cos” X)+cosd4x+2sin2x—m =0

.  a n T
c6 it nhat mot nghi€ém thudc doan [0;5]
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Caul

Cau ll

Cau 111

CaulVv

1. 9240




DE SO 12
Caul.
1. Timm d& (C,):y =x®-3mx* —x+3m ti€p xiic truc hoanh

A

1+ cosx
. N 0 s - —— n€ux=#0
2. Tinh dao ham ciia ham s6 : f(X) = X taix=0

0 néux=0

Cau Il

I. Gidiphuong tinh:  2vZsin(x+ %) =4 =
4 SInX COSX

2" -2 =(log, y—log, x)(xy +1
2. Gidi hé phuong trinh: (log, y=log, x)(xy +1)
x> +y?=1
3. Gidi ba't phuong trinh: log, , (x> —x)>2
Cau III.
1. Viét phuong trinh dudng tron di qua A(1;3) va ti€p xiic v6i hai dudng thing
(A):x+2y+2=0;(A,):2x-y+9=0
2. Vi€t phuong trinh dudng thing di qua diém A(3;-2;-4), song song vdi mit phing 3x—2y-3z-7=0,
ddng thdi cit dudng thing x=2_y+4_z-1
3 -2 2
3. Cho hinh chép tam gidc déu S.ABC, ddy ABC c6 canh biing a, miit bén tao v6i ddy mot géc bing @

(0O <p<90° ) Tinh thé tich kh&i chép S.ABC va khodng cach tir dinh A d&€n mit phing (SBC).
CaulV.

1. Tinh tich phén: I= | x cos® x.sin xdx

O N3

2 3 n+1 n+l
2. Chdng minh ring: 2C? +2—Crl1 +2—an ros 2 Cl= Sl
2 3 n+1 n+1

Cau V.
1. Tim chiéu cao ctia hinh nén noi ti€p trong hinh cau ban kinh R d€ hinh nén nay c6 thé tich 16n nhat.
2. Cho phuong trinh : sin2x —4(cosx—sinx) =m (1)

Tim tit cd cdc gi tri cia m d€ phuong trinh (1) c6 nghiém.
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Caul Caull Cau III Cau IV CauV
1. 1. 1.
1.1 x-3_y+2_z+4 2.-1-4J2<m<-1+42
2. (=; 2. = =
V22 5 -6 9
3, 3
v =292
24
L _ a3sing

2




PE SO 13
Caul.
2

Chohamso : y =X—1 c6 dd thila (C)
X_

1. Khdo sit su bi€n thién va vé d6 thi (C) cia ham s .

2. Tim hai diém A; B nim trén dd thi (C) va ddi xiing nhau qua dudng thing (d):y=x-1.
Cau Il

1. Gidi phuong trinh: tg2x + cot gx = 8cos® X

2. Tim mién x4c dinh cia ham s6: y =_[log, NN
1-x 1+x

e . {x2+y2+xy:7
3. Giai hé phuong trinh:
X'yt +xPy? =21
Cau III.
1. Trong mp(Oxy) cho céc di€m A(1,0), B(-2:4), C(-1:4), D(3;5). Mot dudng theelng (d) c¢6 phuong trinh
3x-y -5=0 . Tim diém M trén (d) sao cho hai tam gidc MAB vi MCD c6 dién tich bing nhau
2. Vi€t phuong trinh dudng thing di qua diém A(3;-2;-4), song song v4i mit phing 3x -2y -3z-7=0,
ddng thdi cit dudng thing x-2 _y+4_z-1
3 -2 2
3. Cho tt dién ABCD v6i AB = AC = a, BC = b. Hai mit phing (BCD) va (ABC) vudng géc v6i nhau
va géc BDC = 90°. X4c dinh tdim va tinh bdn kinh mit ciu ngoai ti€p ABCD theo a va b.
CaulV.
1. Goi (D) 12 mién gi6i han bdi cdc dudngy =0 va y = 2x - x” . Tinh thé tich vat th€ dudc tao
thanh do quay (D) : quanh Ox ; quanh Oy.
2. Tinh tdng : S = Chys +2C500s +3C s+ + Clon
CauV.
1. Cho tip hop A= {1;2;3;4;5;6;7;8;9}. T tap A c6 thé 1ap dugc bao nhiéu s6 cé sdu chit s6 khac nhau
sao cho cdc s& nay chia hé&t cho 2 va c6 ding 3 chit s6 1&?

2. Cho bt phudng trinh : mA/2x%>+7 <x+m (1)
Tim m dé bat phuong trinh nghiém ding v6i moi x .
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Caul Cau Il Cau III CaulV CauV
1. Ty giai 1. 1. 14.400
1 1 2. J21
2A—=:-1-— _Ne-
(\/E \/E) 2.m< 5
1 1
B(-—=i-1+—)
J2I T2
3. (1,2),(2;1D)

(-1;-2),(-25-1)




pL SO 14

Caul.
1. Viét phuong trinh dudng thing qua A(O;g) ti€p xdc v6i dd thi hamso : y = % x* _3x2 +g
2. Chohamsd: y= %5
X —3X+2
a b
a) Tima,b saocho y=——+——
x-1 x-2

b) Tinh y™
Caull.
(2 —sin’ 2x)sin3x

COS4 X

2
2. Gidi phuong trinh: =1++/3+2x—X?
VX+1+4/3-X

Iogz(xz——9x+8)<2
log, (3 x)

1. Gidi phuong trinh:  1g*x+1=

3. Gidi bat phuong trinh:

Cau III.
1. Trong mp(Oxy) cho hai dudng tron (Ci): x> +y> —2Xx+4y—4=0 va (Cy): X* +y* +4x -4y -56=0
Chitng minh (C,) ti€p xtic (Cs). Viét phuong trinh tong quét cia tit ca cic ti€p tuyé&n chung
cua (Cy) va (C).
) x+y—-z=0
2. Trong Kg(Oxyz) cho dudng thang (d) c6 phuong trinh : {Zx Cy=0

B(2;-1;0); C(1;0;1). Tim trén dudng thing (d) di€m S sao cho :‘§\+ SB + SC| dat gid tri nhd nhat.

va ba diém :A(2;0;1);

3. Cho hinh thoi ABCD tdm O, canh biing a va AC = a. TU trung dién H clia canh AB dung
SH 1 (ABCD) vé6i SH = a. Tinh khodng cdch tir O d€n mit phing (SCD).

CaulV.
NG
I Tinh tich phan: T= [ x*V1+x>dx
0
2. Gii phuong trinh: x2cXt=nzc3  —xcX
CauV.

1. Chitng minh ring hAm s6 : y = sin® x + cos® x +3sin® x cos® x +2004x ¢6 dao ham khong
phu thudc vao x

2. Tim m dé& phuong trinh :4(sin4 x +cos* X) —4(sin6 X + cos® X)— sin”4x =m ¢6 nghiém.
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Caul Caull Cau IlII CaulV
1. 1. 1. | 848
" 105
2. M =2;m=9 oy X 2k 2_5(3;§;3) 2
7 18 3 14 7 14
57 2krx
X="4+==
18 3
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Caul.
Cho ham s6 y = X *+L ()

x—-1
1. Khdo sdt ham so (1).
2. Tim tit c& cdc di€m M trén @6 thi haim s6 (1) sao cho tdng cdc khodng cdch tir M d&€n hai dudng tiém

can l1a nho nhat.

Caull.

*9 . ~ . 1 .
1. Giai phuong trinh: sin® x + cos* x —cos2x +—sin’ 2x =0

2, 2 ~
2. Giai hé phuong trinh : X"ty +x+y=18
xy(x+D(y+1)=72
1-x _ 5X
3. Gidi bit phuong trinh: =2 g

2% -1

Cau IIL.

1. Cho tam gidc ABC ¢6 B(7;9),C(2;-1), phuong trinh dudng phéin gidc trong géc A la :
X+7y—20=0.Lap phuong trinh cdc canh tam gidc ABC

2. Cho hai di€m A(0;0;-3), B(2;0;-1) va mit phang (P): 3x—8y+7z—1=0. Tim diém C € (P) sao cho
tam gidc ABC déu.

3. Cho hinh chép ti gidc SABCD c6 ddy ABCD 12 hinh thoi canh a, géc ABC biing 60°. Chiéu cao

SO ctia hinh chép bing %, trong d6 O 1a giao di€m cida hai dudng chéo ddy. Goi M 12 trung

di€m canh AD, («) 12 mit phing di qua BM, song song vdi SA, cit SC tai K. Tinh thé tich hinh
chop K.BCDM.
CaulV.

COS X
< 6 —5sin x +sin’ x
2. Cho tap hgp A ={0;1,2;3;4;5,6;7}. Tir A c6 thé 1ap dugc bao nhiéu s :
a) C6 nam chit s6 khac nhau va chit s6 7 ludn ¢6 mit mdt 1an
b) C6 sdu chit s& sao cho cdc s6 nay ludn 1&; chit s6 ding & vi tri thit ba Iudn chia hét cho 67
Cau V.

dx

| N

1. Tinh tich phan: | =

T T 2coszx+|cosx|+l
1. Tim gid tri I6n nhat va gid tri nho nhatcia hamsd: y=

|cosx|+1

2. Tim ti't ci cdc gid tri clia tham s& m d€ phuong trinh: AAX glmx (m +1)(22+X _p2X

¢6 nghiém thudc doan [0;1].

)+2m
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Caul Caull Cau III CaulV CauV
1. Ty giai 1. 1. 1. M=2;m=1

1 2. 2. 2.a) 3720 2.
oM (- ta- 1 45

1t ﬁ f ) b) 2640
M,l+—= +\/§)
f i
3. Xx<0vx=>1 3.




PE SO 16
Caul.
~ x*+3x+3

Chohamsd: y=——-—- (1)
X+2

1. Kh3o satham s6 (1)
2. Vi€t phuong trinh ti€p tuyén vdi db thi ham s6 (1), bi€t riing ti€p tuyén nay vudng géc véi dudng
thing 3y —x+6=0
Cau Il
1. Gidi phuong trinh: ! = V2(cosx—sinx)
tgx +cot g2x cotgx —1

Vx+1+,T1-y =4

\/ﬁJr\/f =4

3. Gidi bat phuong trinh: log, x +logg x <1+log, x.log, X
Cau Il

2. Giai hé phuong trinh: {

. 11 »
1. Cho dudng tron (C): x* + y* - 6x - 4y 48 = 0 va diém A(?;%) .Viét phuong trinh

dudng thing qua A va cit (C) theo mot diy cung c6 dd dai J10.
2. Lap phuong trinh mit ciu di qua 2 di€m A(2,6,0), B(4,0,8) va c6 tim thudc dudng thing
x-=1 'y z+5
-1 2 1
3. Cho hinh ch6p SABC c6 ddy ABC 1a tam gidc déu canh a , SA = SB = SC, khodng cdch tir S dén
mit phing (ABC) bing h . Tim hé thitc lién hé giita a, h d€ hai mit phing (SAB) va (SAC)
vudng géc vdi nhau.
CaulV.
1. Tinh dién tich hinh phing gi6i han bdi parabol y = X* — 2X va hai ti€p tuy&n ctia dudng cong d6
di qua diém A(2;-9)
2. Cho tap hgp A ={0;1,2;3,4,56,7;;8,9}. Tir A c6 thé 1ap dugc bao nhiéu s3 :
a) C6 sdu chir s6 khdc nhau sao cho ludn c6 mit hai chit s 0 va 3
b) C6 bdy chit s6 khac nhau sao cho ludn c6 mit hai chit s6 2 va 5
Cau V.

(d) c6 phuong trinh :

., « 1 A < ., . o " o N ~ . 4 . ~
1. Tim gi4 tri 16n nha't va gia tri nhd nhat clia hAm 8 : y = 2sinx —Esm3 x trén doan [0;7]

2. Cho phuong trinh : 2(x* —2X) ++/x* =2x-3-m =0

Vi gid tri nao ctia m thi phuong trinh c¢6 nghiém.
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Caul Caull Céu III CaulVv Cau Vv
1. 1. 1. 1. 1.
2. 2. 2. 2. 2.

3. 3.




PE SO 17

Caul.
’ . ’ . . y x> +x+1
1. Viét phuong trinh ti€p tuyén di qua di€m A(-1;0) t6i do thi ham s0 y = 2l
X+

2. Tim gid tri 16n nhat va bé nhat cha ham s6 sau: y =4cos> x +3+/3 sinx + 7sin” x
Cau Il
1. 2 3(sin4x+cos4x—l)
X+ —=SIn2X+2C0S” X = 5 5
2 sin® x+cos® x—1

2

1. Gidi phuong trinh:  3sin

2. Gidi phuong trinh: 1+1log, x=1 llog6 (x—1)
x+7 2

3. Giai bat phuong trinh: V3X% +6x+4 <2-2x—X?

Cau IIIL.

1. Trong mp(Oxy) cho (E) : 4x* + 3y* - 12 =0 . Tim di€m trén (E) sao cho ti€p tuyé&n cia (E) tai
di€m d6 ciing véi céc truc toa do tao thainh mdt tam gidc c6 dién tich nhd nhat.
2. Trong Kg(Oxyz) cho mdt phfmg (P):x-2y+2z+2=0va hai di€m A(4;1;3) va B(2;-3;-1)
Hiy tim M thudc (P) sao cho MA” + MB? ¢6 gid tri nhd nhat.
3. Cho tit dién ABCD ¢6 AB = CD = 2x, cdc canh con lai déu c6 dd dai bing 1.
a. Tinh dién tich toan phﬁn cua tf dién theo x.
b. Tim x d& dién tich toan phan dat GTLN.
CaulV.

1. Tinh tich phan: 1=

_t_.ﬁ

\/1+x

2. V6i gid tri ndo clia x thi s& hang thif sdu trong khai trién ciia nhi thic :

1 x—1
[ox-1 —logy(3* ey
Loz V4T 575 )7 bing 84

CauV.

1. Mot trudng trung hoc ¢c6 8 thiy day todn, 5 thidy day vat 1y, va ba thdy day héa hoc. Chon tir d6 ra
mot d6i c6 4 thay du dai hoi. Héi ¢6 bao nhiéu cdch chon d€ cé di ba b mon?

2. Cho phuong trinh cos4x+6sinxcosx—m =0

DPinh m d€ phuong trinh c6 nghiém x e [O;%} .
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Caull

Cau lII
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2. M :7+3\/§;m:%

2. 2£m<E
8
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Caul.

x+1

Cho ham s0 y = c6 do thila (C)

X —

1) Khio sit va vé dd thi (C) cda ham sd.

2) Tim cdc diém thudc (C) sao cho ti€p tuyén tai mdi di€m d6 14p véi hai dudng tiém cdn mot tam gidc
c6 chu vi bé nhat.

Caull

1. Cho phuong trinh : sin x.tg2x + \/g(sin x—tg2x)=3

Tim nghi€m cta phuong trinh trén thda man 2+1log, x<0
2

(xal-1)3 = 2¥4=X

2. Giai hé phuong trinh: X
y+log,x=1
o . o . {(x—2)2+y2:m

3. Tim m d€ hé phudng trinh sau c6 nghi€ém duy nhat:

X>+(y=2)=m

Cau II1L.

1. Cho M(3,1) .Tim phuong trinh dudng thing qua M va cit hai nita truc Ox, Oy
tuong ng tai A va B sao cho ( OA + OB ) dat gid tri bé nhat.

2. Trong Kg(Oxyz) cho tam gidc ABC véi A(2,5,7), B(0,-1,-1),C(3,1,-2). Viét phuong trinh chinh tic
clia dudng vudng géc ha tir di€m A xudng trung tuyén xué't phat tir dinh C.

3. Cho tir dién OABC c6 OA, OB, OC vudng gbc véi nhau tirng d61 mot, sao cho OA =a, OB = b,
OC =6 (a,b>0 ). Tinh thé tich ti¥ dién OABC theo a va b. V§i gi4 tri ndo ctia a va b thi thé tich
Ay dat gid tri 16n nhAt, tinh gi4 tri 16n nhat d6 khi a+b=1

CaulV.

1. Xét mién (D) gi6i han bdi cdc dudng cong y2 =6x va x>+ y2 =16
Tinh thé tich khdi tron xoay tao thanh khi quay mién d6 mot vong quanh truc Oy.

n

2. Tim gi4 tri cia x sao cho trong khai trién cia { 2% + J (nla s6 nguyén duong ) c6 s6 hang

2x—1

thtt 3 va thit 5 c6 tdng biing 135, con cdc hé s6 clia ba s6 hang cudi clia khai trién d6 c6 tdng bing
22

Cau V.

1. Cé bao nhiéu s6 ty nhién gdm 7 chit s8, chif s& 2 c6 mit ding hai 1an, chit s& 3 ¢ mit 3 14n, cdc chir
s6 con lai c6 mit khdng qua mot 1an?

2. Cho ham s& f(x)=sin’ 2x +2(sinx +cosx)’ —3sin2x + m

Tim m dé |f(x)| <1 v6imoi x € [O;g]



K&t qua dé 18

Caul Caull Caulll Cau 1V Cau Vv
1. 1.
2.(3;0) 2.(3;0)
3. 3.




P SO 19
Caul.

2
A » X +mx+1 .
1. Tim m d€ ham s6 y =—— datcuc daitaix =2
X+m

2. Tim cédc gidi han sau:
2 :
e {1+ x? . cos*x—sin*x -1
a) lim - b) lim
-0 InL+x°) x—0 \/X2 +1-1

Cau Il
1. Giéi phuong trinh: (sin x + cos )c)3 - x/i(sin 2x+1)+sinx+cosx — J2=0

2. Gi4i phuong trinh : i/zx +3\/l+i:2
X+1 2 2X

3x—ayy’+1=1

1
X+y+—m——
Y+4y°+1
Cau III.

1. Cho tam gidc ABC ¢6 (AB) :2x -3y +21=0;(BC):3x-2y-6=0;(CA):2x+3y+9=0
Lap phuong trinh dudng tron ndi ti€p tam gidc ABC.
2. Cho A(1;4;5) ; B(0;3;1) ; C(2;-1;0) va (P) : 3x - 3y -2z -15 = 0. Goi G la trong tdm cua tam gidc
ABC . Tim diém M thudc (P) sao cho MA? + MB? + MC? dat gi4 tri nhd nhat.
3. Cho hinh chép t gidc S.ABCD c6 ddy la hinh thang ABCD vuong tai A va D,
AB =AD =a,CD =2a. Canh bén SD vudng géc v6i mit phing (ABCD), SD =a
a. Chitng minh tam gidc SBC vudng . Tinh dién tich tam gidc SBC.
b. Tinh khodng cdch tir A d€n mit phing (SBC).
CaulV.

3. Tim a d€ hé phuong trinh sau c6 nghiém duy nhat: _ g2

sin’ x

—n|a

1. Tinh tich phan: I= : > dx
cos” x(tg'x —2tgx +5)

~[a

9
2. Tim s& hang khong chita x trong khai trién : P(X) = (1+ 2X — i)

X2

CauV.
log, (Bx+2y)=2

1. Gidi hé phuong trinh:
1t e pALEng fin {Iogy(2x+3y)=2

2. Tim m d€ phuong trinh : 2¢0S2X + (Sin X.cos X —m)(sin X +cos x) = 0

¢6 nghiém trén doan [0;%}
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Caul Cau ll Cau Il Cau IV Cau 'V
1. m=-3 1. 1.x=y=5
2.a)—% b) -4 2.x=1 2.
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Caul.
x?—2x+3

Chohamsd y=—— (1)
X+1

1. Kh3o sdt ham sd (1)
2. Hiy tim m d€ dudng thing y= -2x+m cit dd thi tai hai di€ém A, B sao cho AB<2
Caull.
1 _ﬁ(cosx—sin X)
tgx+cotg2x  cotgx—1

JX+y —3x+2y =-1
VX+1+x-y=0

3. Giai bat phuong trinh: 125 +50* > 2%+

Cau IIL.

1. Lap phuong trinh ti€p tuyé&n chung clia hai dudng tron:
(Cl):x2 +y?=2x=0
(Cy):x*+y* —8x+12=0

x+1 y-2 1-2

3 -2

1. Gidi phuong trinh:

2. Gidi hé phuong trinh:

2. Cho di€m M(1;2;-1) va dudng thing (d): . Goi N 1a diém d6i xting cia M qua

dudng thezmg (d). Tinh d6 dai doan MN.
3. Cho hinh chép tit gidc déu S.ABCD c6 d6 dai canh diy AB = a va géc SAB = ¢ . Tinh thé tich hinh
chop S.ABCD theo a va o

CaulV.
r 4+x
1. Tinh tich phan: J:j(x—z) X ax
0 4—-x
y+Hl _~y
A N C:x+1 _CX+1
2. Giai hé phuong trinh: y v (x>y)
3C1=Cyn

Cau V.
1. Tim GTLN va GTNN ctia ham s6: y= 2(sin3 x +cos’ X)+8sin x.cos x

2. Cho phuong trinh : 91“/J —(m+ 2).31“/? +2m+1=0
Tim m dé€ phuong trinh ¢6 nghiém.
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Caul.
2 —
Chohamss y =2 "X=2 (1
X—2
1. Khdo sat ham sd (1)
A o en . x2+|x|—5
2. Bién ludn theo m s6 nghi€ém cua phuong trinh : ||—2 =m
X —
Caull.
1. Gidi phuong trinh: ~ 4sin® x + 3cos® x —3sin x —sin® xcosx = 0
2. Giai phuong trinh: V2x-1+¥x-1=3/3x+1
1 1

3. Gidi bt phuong trinh:

log, (x* +3X) - log, (3x —1)

Cau IIL.

1. Cho hai dudng thing (d,):2x—y+1=0;(d,):x+2y—7=0.Lap phuong trinh dudng thing qua gdc
toa d6 va tao véi (dy), (da) tam gidc cin c¢6 canh ddy thudc dudng thing d6. Tinh dién tich tam gidc
cin nhan dugc.

2. Trong Kg(Oxyz) cho hai dudng thing chéo nhau: (d,): XI =9 1 ;(d,) :6 =5 -

Tim toa d6 cdc di€m A, B clia dudng vudng géc chung AB ciia (d;) va (dy).

3. Cho hinh ldng try tam gidc ABC.ABC ¢6 cdc mit bén 13 hinh vudng canh a. Goi D, E, F 1an ludt 12
trung di€m cta cdc doan BC, A;C;, C;B;. Tinh khodng cach gitra DE va A,F.

CaulV.

1 y z+5, X y-1 z-5
3

3x% +3x+3
X3 —3x+2

a) Xdc dinh cac hing s6 A,B,C dé y=

1. Chohamsd y=

A B C
+ +
(x-1)% (x-1) (x-2)

b) Tim ho nguyén ham cta y
2. Chotiphop A= {1;2;3;4;5;6;7;8;9}. Tur A c6 thé 1ap dugc bao nhiéu sd ¢6 5 chif s6 khac nhau sao
cho 1udén c¢6 mit chit s& 1 va 3 ddng thdi chit s& ding gitta chia hét cho 4.
CauV.
1. Tim GTNN clia ham s6 : y = (2++/3)% + (2—+/3)%* —8|(2+/3)* + (2-3)"
2. Cho bat phuong trinh: (X2 +1)2+m<xVx>+2+4 (1)

Tim m d€ c6 nghiém x € [0;1]
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Caul Cau II Cau III CaulV CauV
1. 1.a)A=3,B=2,C=1I 1. m=-18
3
b) -——+3Inx-1x+2[+C
) -2+ 3infx-1fx+2
N 2.A40;-2), | 2. 2. m<+3
6 B(0:6;2)

3.




DE SO 22
Caul.
1.Chohamsd y = x* +2(m-1Dx* + (m* —4m+1)x — 2(m?* +1). Tim m dé y dat cuc dai, cyc ti€u tai hai
diém x,, X, thda man diéu kién i + i = i(Xl +X,)
Xl XZ

X +mx—8

2. Tim tit c& cdc gia tri cia m d€ d6 thi ham s6 y = (1) cit truc hoanh tai hai diém phan

biét. Chitng t3 riing : hé s6 géc clia ti€p tuyén tai cic giao diém d6 dudc tinh theo cong thic:
2X+m
k =
X—m

Caull.
sinz(X+Yy)+cosz(X+Yy) ++4/2=0

1. Gidi hé phuong trinh: 9
x>yt =—
10
2. Gidi ba't phuong trinh: log, (x~1) +log, (x +1) +log ; (5-x) <1
3 3
3. Giai phuong trinh: (X+4)(Xx+1)—3Vx* +5x+2 =6

Cau III.

1. Cho hai dudng tron (C,): x> +y’ —2x+4y—-4=0 va (C,):x*+y>+2x-2y-14=0
Vi€t phuong trinh dudng tron qua giao diém cda (C)), (Cy) va qua diém M(0;1)

x-2 y-1 z-1

. 5 va ti€p xidc v6i hai miit

2. Lap phuong trinh mit cdu c6 tim thudc dudng thing ;

phing: X+2y—-2z2=0;x+2y—-22+4=0
3. Cho hinh chép ti gidc SABCD c6 ddy ABCD l1a hinh thoi canh a, géc ABC bing 60°. Chiéu cao SO

cia hinh chép bing a_\z/g , trong d6 O 14 giao diém clia hai dudng chéo ddy. Goi M 1a trung di€ém

canh AD, ()13 mit phing di qua BM, song song v&i SA, cit SC tai K. Tinh thé tich hinh chép
K.BCDM
CaulV.

2 2

X
1. Tinh tich phan: | =|—————dx
-[xz —7x+12

2. Mot hop dung 5 vién bi xanh, 6 vién bi d6 va 4 vién bi vang .
a) C6 bao nhiéu cdch 14y ra 6 vién bi, trong d6 c6 hai vién bi xanh va c¢6 nhiéu nhat 2 vién bi
vang va phai cé dd 3 mau ?
b) C6 bao nhiéu cdch 14y ra 9 vién bi ¢6 di 3 mau?
Cau V.

1. Tim GTNN clia ham sd : y =3/2x* —x® trén doan [—%;3}



2. Tim m d€ hé sau c6 nghiém duy nhat : {

NI+ X+, 7-y=m

1+y+4J7—-x=m

K&t qua dé 22

+(z-7)* =1

Caul Caull Cau IlII CaulV CauVv
l.m=1;m=5 | 1. 1. 1.1+25In2-16In3 |, \/ =§i/2;
m=-3/9
2. 2. 2.(x+D)*+(y-7)% |2 2. m=4

3. x=-7;x=2

3.
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Caul.
1. Tim diém c6 dinh ctia ho dudng cong (C_):y = x> -3(m+1)x* +2(m* +4m +1)x — 4m(m +1)

2x% +(m—2)x

2. Tim nhitng di€m trén mit phing ma ho dudng cong (C_):y = khong di qua dia m 14y

x—-1
bat ky gid tri ndo.
Caull.
1. Gidi phuong trinh: [X* =5x+ 4] - 9x* —5x + 4+10x/ = 0
2. Gidi bdt phuong trinh:  2x+log, (x* —4x+4) > 2—(x+1)log, (2 - X)
3. Gidi phuong trinh: 64.9 —84.12* +27.16" =0
Cau IIl.

1. Lap phuong trinh dudng tron ddi xing véi dudng tron (C): x* +y® —2x -6y —6 =0 qua dudng thing
(A):x+y+1=0.
x=3 y-1 z-1

2. Cho hai dudng thing (d), (ds) ¢6 phuong trinh: (d,) XI7 - y;3 _Z _19;(d2). S

aV2

3. Cho liang tru tam gidc déu ABC.ABC c¢6 canh diy AB =a, canh bén AA = - Tinh khodng céch

Chting td ring d6 12 hai dudng thing chéo nhau.

giita hai dudng thing BC va CA
CaulVv.

1
I Timabdé f(x)=—+—+2 théaman f (x)=—4 va | f(x)cx=2-3In2
X 1

X2
2
2. Cho tap hgp A ={1;2;3;4;5;6;7}. Tir A c6 thé 1ap dugc bao nhiéu s8 ¢ 5 chit s6 khdc nhau trong d6
phdi c6 mit cdc chif s6 1,2,3 ditrng ké nhau.
CauV.

=2 =2 =2

) . 1. , sin“ A+sin“B+sin“C

1. Cho tam gidc ABC. Tim GTLN cua biéu thic: Q= 5 5 5
cos® A+cos® B+cos“C

2. Tim m d€ phuong trinh sau ¢6 hai nghiém trai ddu: (m-3)9* —(2m+5)3* +m+1=0
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Caul Caull Cau III CaulVv Cau Vv
1. M(2;0) 1.1<x<4,x=-1 1. 1. M=3
2.x=1 hodcx=0 | 2. 2. Tucm 2.
trlr goc toa do
3. 3.




PL SO 24
Caul.

1. Timm dé hAmsd y = —%X3 +(m-1x*+(m+3)x—4 ddng bi€n trén khodng (0;3)

2
2. Tim cdc dudng tiém cin ciia dd thi ham s§ y = w
2X°+x-1
Caull.
1. Giai phuong trinh: 5(sin x + M) =C0s2x+3
1+ 2sin 2x
2(x+y) =3@/x%y +3/xy?
2. Gidi hé phuong trinh: (x+y) =3(xy y')
x+3/y =6

3. Giai phuong trinh: 3/(8—x)* =3/(8—x)(x+27) +3/(x+27)* =7
Cau III.
1. Trong mit phing Oxy cho (C,):X* +y® +2mx—(m-1)y+1=0
a) Pinh m d€ (C,) 1a dudng tron. Tim m d€ dudng tron (C, ) ti€p xic vdi dudng tron
(C):x*+y?-2=0
b) Khi m=2. Viét phuong trinh ti€p tuyé&n véi (C,) va di qua A(0;2)
2. Lap phuong trinh dudng thing di qua A(3;2;1), cit va vudng géc vdi dudng thing g = % = ZTJF3
3. Cho ling try ding ABC.AB'C c6 ddy 1a tam gidc vudong ABC (C=1v), AC = a, BC = av/2. Canh
bén AA" = 2a, mit phdng di qua A vudng géc véi BA cit hinh ling tru theo mot thi€t dién. Tinh
dién tich thiét dién nhan dudgc.
CaulV.

1. Cho ham s6 f (x) = — SN2

(2 +sinx)?
AcCos X N B cos x
(2+sinx)®>  2+sinx

0
a) Tim A, B d€ f(x) = b) Tinh | :jf(x)dx

2

2. Cho da gidc déu A A,...A,, (n>2,nnguyén) ndi ti€p trong (O). Bi€t riing s6 tam gidc c6 dinh 1a 3
trong 2n di€m A, A, ,..., A,. nhiéu gap 20 1an s& hinh chif nhit c6 cdc dinh 1a 4 trong 2n di€ém
A A, A, . Timn.

CauV.

1. Cho phuong trinh x* +(2a—6)x+a—-13=0 v6i a>1. Tim a d€ nghiém 16n ctia phuong trinh dat
gid tri 16n nhat.

2. Chohamsd f(x)=x*+3mx—2.Tim tit ci cdc gid tri cia m d€ bat phuong trinh f (x) < % duoc

thda v6i moi x >1.
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Cau I Cau Il Cau III CaulV CauV
1. l.a) A=4;B=2 | 1.a=1
b) In2-2
2. (64:8); (8;64) 2 ) e %

3. x=-15;x=0
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Caul.
Chohamsd y= M (©)

X+3
1. Tim M € (C) d€ M c¢6 toa d6 nguyén.
2. Tim M e (C) @€ khodng cach tir M d&€n Ox gdp 2 1an khodng cach tit M dén Oy.
Cau Il
1-cos2x
sin® 2x
x® +4y=y® +16x
{1+ y* =5(1+x%)

1. Giai phuong trinh: 1+cotg2x =

2. Giai hé phuong trinh:

1 12

- 3X _poX _ il
3. Giai phuong trinh: 2 6.2 23(X—1) + X =1

Cau III.

1. Cho dudng thing (d): X —2y —2 =0 va hai di€m A(0;1), B(3;4). Hiy tim toa d6 diém M trén (d) sao
cho 2MA? + MB?¢6 gi4 tri nhé nhat.

. . o, o . {3x—4y+z+6:0 e

2. Lap phuong trinh mdt phang chita dudng thang (d): va cdach déu hai di€ém

2X-3y+2+2=0
M (3;-4;-6); N (1,2;2)

3. Cho hinh chép tit gidc déu S.ABCD c6 canh ddy AB= a, dudng cao SH = av/2. M Ia trung di€m canh
AB. Mit phing (P) di qua M, song song vdi cdc dudng thing AC va SB. Tinh khodng cdch tir S dén
(P)

CaulV.

cos? x

— dx
cos* x+sin® x

1. Tinh tich phén: | =

O o | N

2. Tim cdc hang ti 12 s6 nguyén trong khai trién (v/3 +%/2)*

Cau V.

1. Cho tam gidc ABC bat ky. Tim gi4 tri I6n nhat ctia bi€u thic sau:
P= \/§cosA+3(cos B +cosC)

2. Tim m dé phuong trinh sau ¢6 nghiém:
V3+X+/6-x—/(3+Xx)(6-x) =m
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Caul Caull Cau III CaulVv CauV
1. 1. M(2;0) 1.
2. (052);(0:-2)5(15- | 2. 2.3J2-><m<3
3)
(-1;3)
3. x=1 3.
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Caul.
_ X% +4x+5

Chohamsd vy
X+2

1. Khdo sdt ham s&
2. Tim M trén d6 thi d€ khodng cach tir M dén dudng thing y+3x+6=0 nhd nhat.
Caull.
1. Gidi bat phuong trinh: 32X _ggXVxtd _ggVXx+d o g
logoy  logg X
8 8" _
2. Gidi hé phuong trinh: X +y =4
log, x—log, y=1
2
log, (Xx* —9x+8) “9
l0g, (3—x)

3. Gidi b4t phuong trinh:

Cau III.

1. Lap phuong trinh (A) di qua A(2;-1) sao cho (A) ciing v6i hai dudng thing d;: 2x-y+5=0 va
dy: 3x+6y-1=0 tao ra mot tam gidc cin c6 dinh 1a giao diém cta d; va ds.

2. Cho mit phing (P): 2x+ y +z—1=0 va dudng thing (d): XT_l = % = LBZ . Viét phuong trinh dudng
thang di qua giao di€m cta (P) va (d), vudng géc vdi (d) va nim trong (P).

3. Cho tit dién OABC c6 ba canh OA; OB; OC d6i mdt vudng géc . Goi o;B;y 1an lugt 1a cdc gc giita
mit phing (ABC) v6i cdc mit phang (OBC); (OCA) va (OAB). Chitng minh ring :

cosa+cosP+cosy < V3

CaulVv.

1. Tim ho nguyén ham ctia hAm s6: f (X) = cOS X.C0S 2X.5in 4X

2. Chotaphgp A= {1;2;3;4;5;6;7,8,9}. Tir A c6 thé 1ap dugc bao nhiéu s6 18 gdm c6 sdu chif sd sao cho

chit s6 5 ludn cé mit hai 1an, cic chit s6 con lai cé6 mit mot lan.
Cau V.
Xy + x> =m(y-1)

1. Tim m dé€ hé phuong trinh sau ¢6 nghiém duy nhat: ,
Xy+y =m(x-1)

2. Tim m d€ phuong trinh :\/(log2 x)* +log, x* =3 =m(log, x> —3) c6 nghiém thudc [32;+o).

2
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Caul Caull Cau III CaulV CauV
1.Ty gidi 1.x>5 1. 3x+y-5=0 LF(x) = _E(COS 7X N 1.m=8
x-3y-5=0 4° 7
co;Sx C083X-+cosx)4—C
35 11 2X+y+z-1=0 2. 18480 2.
1L (=2 2.682i(z:2) | 2. y
22 2'8 2X+y—-32-15=0 l<m<+3
5 5
( > 2)

3.—1<x<1
3

3. Tucm




PL SO 27
Caul.

2
| Tim m d& y:X 2m+3)x+6

c6 Cb, CT va tim quy tich Cb, CT.

X f—
N 2x% —x+1 . . s
2. Ching minh rang dudng cong (C): y = ——— cO 3 di€ém udn thang hang
X“+x+2
Caull.
1. Gidi phuong trinh: tgx — 3¢t gx = 4(sin X + +/3 cos X)

x> +5x+4<0

2. Gidi hé bat phuong trinh:
X +3x*-9x-10>0

3. Gidi phuong trinh: log, (Wx +4/x) = %Iog2 X

Cau IIL

1. Lap phuong trinh dudng tron di qua A(1;-2) va cdc giao di€m clia dudng thing x-7y+10 = 0 vdi
dudng tron x> +y? —2x+4y-20=0

2. Cho tam gidac ABC véi A(1;2;-1); B(2;-1;3); C(-4;7;5). Tinh d6 dai dudng phan gidc trong ké tir B.

3. Cho hinh ling tru déu ABC.ABC c6 chiéu cao bing a va hai dudng thing AB, BC vudng géc véi
nhau. Tim thé tich ling tru d6.

CaulV.

o A 2 dx
1. Tinh tich phan: | J.l xm
2. Chotap hgp A=1{0;2;3;4;5,6;7;8;9}. Tix A c6 thé 1ap dugc bao nhiéu s6 c6 7 chit s6 khac nhau sao
cho ludén c¢6 mit 4 chir s6 2, 4, 6, 8.
CauV.

azcosB_C bzcosc_A czcosA_B

1. Cho tam gidc ABC thda: 2, 2, 2 _a?4b?+c?
A B .
2.smE 2.5|nE 2.5In—

Chitng minh ring tam gidc ABC 1a tam gidc déu.

. 2 in2
2. Cho bét phuong trinh : 22C0S2X | HI+COSEX _osiNex _
Xdc dinh m dé bat phuong trinh thda mian vdi moi x
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Caul Cau Il Cau III CaulV CauV
I Lx=-Zik2r |1 (-2 +(y-2 =2 |11=-% | LTeem
2 2 2 2
4 K27
X=—+—
9 3
2. Ty cm 2. 5 2./74 2. 93600 2.m<2
3
3.x=16 3 a3




bE SO 28
Caul.
X2 —(m+D)x-m? +4m-2
- x—1
1. Khdo sdtham s6 (1) khim =0
2. X4c dinh cdc gi4 tri cia m d& ham sd c6 cuc tri. Tim m dé€ tich cdc gid tri cuc dai va cuc ti€u dat gid

tri nhé nhat

Caull.
1. Giai bat phuong trinh: 9V X2-2X—X _ 7.3V X2-2x—x-1 <2
Cm-Dx+2my+5m+8=0
xX(x+6)+y(y—-8)=0
3. Gidi phuong trinh: 9sin x +6cos x —3sin 2x +cos2x =8
Cau IIl.

Chohamsd vy

(1)

2. Tim m d€ hé phudng trinh { c6 nghiém duy nhat.

2 2
1. Cho (E): B + y? =1. Tim trén (E) cdc di€ém M sao cho ti€p tuyén tai d6 chin trén céc truc toa do

mot tam gidc c6 dién tich nhd nhat.
2. Trén truc Oy, tim di€m c4ch déu hai mit phing Xx+y-z+1=0;x-y+2z-5=0
3. Cho tr dién OABC c6 OA; OB; OC vudng gbéc d6i mot va OA =0A =0C=a .Goi K, M, N lan luot
12 trung di€m ctia AB; BC; CA. Goi E la di€m ddi xting ctia O qua K va CE cit (OMN) tai 1.
a) CMR: CE L (OMN).
b) Tinh di€n tinh t& gidc OMIN theo a.
CaulV.

NN

J- dx T
—<_
¢ 5+3cos’x 10

2. Tim hé s cla x’ trong khai trién cia biéu thic sau:
fx) = (2x+D)* + 2x + 1)° + 2x + D + (2x+1)’

1. Chitng minh bat ddng thic sau: % <

Cau V.
cosB.cosC = %
1. Cho tam giac ABC théa man : s . Chitng minh riing tam gidc ABC déu.
a’-b®-¢°
al="-—
a-b-c

x-1
2. Cho phuong trinh: 22-2X _ (%) +m+2=0

Tim m sao cho phuong trinh ¢6 nghiém duy nhat trong doan [0;1]
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Caul Caull Cau III CaulVv Cau Vv
1. Ty gidi L —%SXSOVXZZ 1. (£3;+2) 1. Ty cm 1.Tu cm
2 m= Z 2. 2.M(0;-3;0) 2. 2.—-4<m< -2
5
2
3. x=2Z+k2x 3.6‘\/§

6
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Caul.

€0S X—C0S 3X

7 ki x#o0
1. Chohamsd: f(x) = X . Tinh dao ham ctia ham s6 khi x =0

X khi x=0

2 —
2. Chohamss : y= 2% tazmx+mtl

X—m
DPinh m d€ ham s dong bién trong khodng (1;+00)
Caull.
1. Giai phuong trinh: tgx.sin 2y _2sin?x= 3(C0os 2X + sin X.COos X)
log, (x+y)—log,(x-y)=1
2. Gi4i hé phuong trinh: 292( ) y)~logs(x=y)
X*—y =2
3. Gidi phuong trinh: 2.1095 x = l0g 5 X.I0g5 (v2x +1-1)

Cau III.

2 2

1. Cho (E): :_6 +y? =1. Tim tap hdp nhitng diém M sao cho tir M ké dugc hai ti€p tuyén t6i (E) va
hai ti€p tuy&n ndy vudng géc nhau.
2. Cho 3 di€m A(a;0;0); B(0;b;0); C(0;0;c) v6i a;b;c >0 thay dsi nhung luén ludn thoa diéu kién
a2 +b>+c?=3. Hay x4c dinh a; b; ¢ sao cho khodng cdch tir goc toa d0 O dé€n mp(ABC) dat gid tri
16n nhat.
3. Cho hinh ch6ép S.ABC c6 ddy 1a tam gidc vudng cAn ABC vé6i canh huyén AB = 42
Canh bén SC L (ABC) va SC =2 .Goi M 1a trung di€m ctia AC, N 1a trung diém AB
a) Tinh géc ctia hai dudng thing SM va CN
b) Tinh do dai doan vudng géc chung cia SM va CN.
CaulV.
o « N2 ¢2Xgx
1. Tinh tich phén: I (g TioX
2. C6 thé 1ap dudc bao nhiéu s gdm 8 chif s6 tir cac chit sd 1,2,3,4,5,6 trong d6 cac chir s6 1 va 6
déu c6 mit hai lan , con cdc chit sd khdc c6 mit mot 1an.
Cau V.

3cos4 x+4s.in2 X

33in4 x+2cos2 X

C a

1. Tim GTLN va GTNN clia ham s6: y =

2. Cho tam gidc ABC thda: b +

=— —— . Xdc dinh dang cia tam gidc ABC.
cosB cosC sinB.sinC
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Caul Cau Il Cau I CaulV Cau VvV
- _ L2 2 _ 4
LE©@=4 [, 7., [1L©:X+y’ =5 L 22 IM=8:m=4
3 5 3
X=t—+krz
9 31 2. 2.
2. -3<m<— 2. (=;2) Z.Mzﬁﬁzb:c:l
7 2 2 3
3. x=1; x=4 3.




PE SO 30
Caul.
1. Chohams& f(x)=ax®+bx®>+cx+d (a=0). Chia f(x) cho f(x), ta dugc:
f(x)=f (X).(AX+B)+a.x+
Gid st f(x) dat cyc tri tai Xo . Chitng minh ring : f(X,) = ax, + S

Tim gi4 tri cuc tri cia ham s6: y = x* —3x* —3x+2
s 1 . s Dy A .
2.Cho hamso y = §X3 —mx® —x+m+1. Ching minh rdng v61i moi m ham s6 da cho ludn c6 cuc dai

va cuc ti€u. Hay xdc dinh m sao cho khodng cdch giita cdc di€m cuc dai va cyc ti€u 12 nhd nhat.
Caull.

1. Giai phuong trinh: 8cos3 (x+ %) = C0S3X
X—Mﬂ+3=0

2. Giai hé phuong trinh:
\/log4 X —\/logz y=0

3. Gidi phuong trinh: log 4 (log,, X) + log, (log 4 X) =2

Cau IIIL.
1. Cho tam gidc ABC c6 B(2;-7), phuong trinh dudng cao ké tir A 1a 3x+y+11=0, trung tuyén vé& tir C 1a
x+2y+7=0. Vi€t phuong trinh cdc canh clia tam gi4c.

x—]_y+1_z X—2y+Z—4=O

2. Cho hai duong thing d, : == :d,: {
2 -1 1
Lap phuong trinh dudng thing (A) sao cho (A) L (P)va (A) cit ca hai dudng thing d; va d,
3. Cho hinh lap phuong ABCD.ABCD c6 canh bing 1
a) Goi M, N 1an lugt 13 trung di€m cta AD, BB .Chiing minh riing A'C L. MN .Tinh d6 dai

va matphdng (P): x+y+2z-1=0
dx—y+2z41=0 "t mAtPhAng (B)x+y

doan MN
b) Goi P 12 tim ctia miat CDDC . Tinh dién tich AMNP .
CaulV.
Ly N 2 dx
1. Tinh tich phan: | =]———
1X(x° +1)

X
28
2. Trong khai trié€n nhi thitc | x3/x +x 15 | hdy tim s6 hang khong phu thudc x, biét

ring C1+CM 4 Ci2 =79,
CauV.
1. Hay tinh c4c gbc cia tam gidc ABC néu trong tam gidc d6 ta c6:

COS2A+ \/§(c0528 +c0s2C) +g =0

V1-x* -y =0

3mx -3y =5m

2. Tim m dé hé phuong trinh : { c6 nghiém.



K&t qua dé 30

Caul Caull Cau lll CaulV Cau 'V
_ _  an0 p_~ _ 20
1. -3+4y2 1x=" 1kr 1. x-3y-23=0 1.|:4|n2 2In3 | 1.A=30°,B=C=75

6 Tx+9y+19=0 3
X=Kkrx 4x+3y+13=0
_m kz
3
2.m=0 2. (1;1); (9;3) 2. 2.792 7 _§3m<0
4
3.x=16 3.




